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Bai tap: Tinh 1111...1111 chia Idy dw cho 2025. (HSG MTCT, TP. HCM, 2026)

20266 1

batS =1111...1111.

Cach 1:
2026 _
Tacéd: S = 10° + 10! + 102 + - + 102025 = %
2026 _
Vay ta can tinh = - L chia lay du cho 2025.
Pit x = 102926 — 1,y = 9,m = 2025. Ta c6:
X

X X y X X 1 X 1

—modm=——m|=— =——ml— =—(x—yml— ) = —(x mod ym)

y y m y ym y ym y

Vay ta can tinh:

(10226 — 1) mod 18225
9

1
5 ((102°26 — 1) mod (2025 - 9)) =
DPua vé bai toan tinh du cla Ily thira co ban, ta co két qua biéu thirc trén la: % = 811.

Vay dap an la:[811].

Cach 2:
Ta nhan thay 2025 = 25 - 81

Tacd S = 11 (mod 25) do 10% = 0 (mod 25).

Mat khac, vi 10° = 1 (mod 81) nén ta c6 chu ki dw 13 9.
Tac6:10° + 10 + -+ + 108 = 9 (mod 81).
S6 chu ki day dd 13 2026 div 9 = 225, phan du la 1.

Vay S = 9 x 225 + 102°2° = 0 + (109)?2° = 1 (mod 81)



Ta co:

{S = 11 (mod 25)
S =1 (mod 81)

Vi ged(25,81) = 1 nén ton tai duy nhat 1 nghiém theo modulo 2025.
Ta co:

25k + 11 =1 (mod 81)
Vi25-13 =1 (mod 81) nén

25k + 10 = 0 (mod 81)

25k - 13 + 130 = 0 (mod 81)
k +49 = 0 (mod 81)

Ldy k = 81 — 49 = 32.

ViyS=25-32+11= (mod 2025).

Cach 3:

Chay da cau lénh:

104 + 1)

x=x+1:A=10A+1—20251nt(W

Chay lién tuc sé thay v&i x = 2 va x = 83 thi A déu cé gid trila 11. Nghia Ia chu ki duv 2025 cla
da ciu lénh c6 d6 dai 81, thiraramét vitrila x = 1. Do d6, s6 s 1 con lai la 2025, véi phan du
tr 0 = 2024.

Ta c6 2024 mod 81 = 80. Ta thuc hién lai da cau [énh nhu trén tdi khi x = 80, thi duwgc A =
811|.



